1-Spectra of the scattered light
Spectra of scattered light from BFO and KNbO3 suspensions upon excitation at 1064 nm were obtained by inserting a monochromator in front of the photomultiplier tube. For BFO, pure SH (532nm) and TH (355nm) signals are clearly observed whereas the TH response of KNbO3 was found below the detection threshold when the monochromator is added. The absence of any unexpected background can yet be noticed. Figure S1 . Emission spectra for BFO and KNbO3 nanoparticle ensembles by HRS.
2-Estimation of the average third-order susceptibility < (3) >
According to our previous work 1 , the SH signal scattered from a nanocrystal suspension can be expressed as:
(S1)
includes the fundamental constants that arise in the radiating field of an oscillating dipole and the experimental light collection efficiency at .N is the nanoparticle concentration, an internal field factor, the second order susceptibility and V the nanoparticle volume. The internal field factor is introduced here to estimate the incident (macroscopic) optical field in the nanocrystal is given by:
and are the solvent and nanoparticle refractive indexes at , respectively. In regard to the scattered TH signal, it can be expressed by using the same formalism:
(S3)
Here, stands for and the factor originates from the definition of the nonlinear polarization as in the convention used by Bossard et al 2 .
From the previous equations, the SH to TH ratio becomes:
which is given in the main text (i.e. 30 for BFO and 322 for KNbO3) corresponds to the SH to TH ratio corrected for the different collection efficiencies at and ,. was estimated at 11 GW/cm 2 
